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WEIL-CHATELET GROUPS OVER LOCAL FIELDS : ADDENDUM BY JAMES S. MILNE
By using the structure theorems for the Neron minimal model of an abelian variety with semi-stable reduction, as presented in [2] , it is possible to complete the proof of the following theorem. (Notations are as in [3] .)
THEOREM. -Let A be an abelian variety o^er a local field K (with finite residue field) and let A be the dual abelian variety. Then the pairings
as defined by Tate [4] , are non-degenerate for all r.
After [3] , we need only consider the case where K has characteristic p ^ 0. Also we have only to prove that the map OK (A),.:
is injective, and it suffices to do this after making a finite separable field \ extension. Thus we may assume that A and A have semi-stable reduction ( [2] , § 3.6) and that 
It is easy to see that 0,, (A.)p is an isomorphism if and only if
We shall show that Finally, let <& == (a^/dl^0. It is a finite etale group scheme over R such that $ 0R k == 3>o? and there is an exact sequence 0 -yc -> a^ -> ^ -^ o.
CX; (R) ^ el^ (R), because CX^ and CX^ differ only by a scheme with empty special fibre, and dp (R) ^ 0ip (K). 
